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Abstract
This article sheds new lights on the family of multivariate beta copulas that arises 
as the dependence structures of the multivariate generalized beta distribution of the 
second type. In particular, simple formulas for the computation of Kendall’s meas-
ure of association are derived and the asymmetry properties are investigated. Also, 
the multivariate extreme-value attractor of the beta copula is identified and it is 
shown that the beta family is closed under conditioning and belongs to the class of 
one-factor copulas. The sampling properties of the rank-based maximum-likelihood 
estimator are investigated with simulations and the usefulness of the beta copulas for 
the modeling of multivariate datasets is illustrated on triathlon data.
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1  Introduction

Copula models are now widely used to model the stochastic behaviour of random 
vectors. If one takes a random vector X = (X1,… ,Xd) ∈ ℝ

d whose marginal distri-
butions are continuous, then there is a unique function C ∶ [0, 1]d → [0, 1] such that 
for all x = (x1,… , xd) ∈ ℝ

d,
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