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Abstract This paper gives game-theoretic versions of several results on “merging
of opinions” obtained in measure-theoretic probability and algorithmic randomness
theory. An advantage of the game-theoretic versions over the measure-theoretic results
is that they are pointwise, their advantage over the algorithmic randomness results is
that they are non-asymptotic, but the most important advantage over both is that they
are very constructive, giving explicit and efficient strategies for players in a game of
prediction.
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1 Introduction

The first general mathematical result about convergence of predictions made by suc-
cessful forecasters appears to be Blackwell and Dubins’s (1962) paper. Blackwell
and Dubins’s result was about infinite-horizon forecasting, whereas in this paper we
will be interested in one-step ahead forecasting. An important paper in this direction
was Kabanov et al. (1977) (see also Shiryaev 1996, Sect. VII.6, Jacod and Shiryaev
2003, and Greenwood and Shiryaev 1985), which generalized earlier results by
Kakutani (1948) and by Hájek (1958) and Feldman (1958). The main disadvantage of
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