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Abstract. It is proved that under fairly general von Mises-type condi- 
tions on the underlying distribution, the intermediate order statistics, 
properly standardized, converge uniformly over all Borel sets to the 
standard normal distribution. This closes the gap between central order 
statistics and extremes, where uniform convergence under mild conditions 
is well-known. 
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1. Introduction 

Let X~, . . . ,X ,  be independen t  and identically d is t r ibuted r a n d o m  
variables ( =  iid rvs) with c o m m o n  distribution function ( =  df) F and 
denote by X,:,,..., X,:, the pertaining order statistics. 

If the distribution of c~, 1 (X~:, - d,) tends weakly to some nondegenerate  
limit G for some choice of constants  c, > 0, d~ e R, n ~ ~ ,  then we know 
f rom Gnedenko  (1943) that  this limit G must  be one of the following types 
with a > 0 

al,o(x):= { 

(1.1) G2,a(x) := { 

0 x _ < O ,  

exp ( -  x -a) x >  0 ,  

exp ( -  ( -  x) a) x_< O, 

1 x > O ,  

x e R .  G3(x) := exp ( - e -x) 

In addit ion,  Gnedenko (1943) gave necessary and sufficient condit ions for 
F to belong to the domain  of at tract ion ( = ~ ( G ) )  of each of the above 
limits. 
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